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Abstract. Class field theory provides a framework to describe all finite abelian ex-
tensions of a number field in terms of the arithmetic properties of the field itself. This
paper investigates this theory, with a particular focus on the problem of cyclotomy over
the field with one element. Furthermore, generalizations of this theory, including the
concept of arithmetic surfaces introduced by Bloch, are examined. The main objective
of this paper is to present a coherent formulation of the aspects related to Artin’s picture
of how the Kronecker-Weber theorem is generalized in this abstract setting.
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